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ABSTRACT

Predicting Spatial Smoothing for Solar PV Power using the Wavelet

Variability Model

Ana Dyreson

Solar photovoltaic (PV) power plants produce power in proportion to

the incoming power density of sunlight. This available power (irradiance)

is variable due to the motion of passing clouds. With increasing pen-

etrations of solar PV power in the electricity grid, the variability of the

irradiance is important to understand because variable resources can chal-

lenge grid operations by causing voltage fluctuations and increasing the

cost of maintaining the overall energy supply and demand balance that is

essential to a stable power grid.

Irradiance measured at a single sensor is often used to predict the

power output of a PV power plant and plan for the variability effects on

the grid. However, it is known that irradiance measured at a single point

is not representative of the output of a PV power plant directly, since a PV

power plant receives incoming irradiance over a large area. The integrated

or averaged irradiance over the area of the plant is less variable than a

single point. This thesis seeks to understand what smoothing occurs over

a power plant area, how many irradiance sensors are required to measure

the smoothed irradiance, and what frequency of data collection is required.

The smoothing of solar irradiance over the extent of PV power plants

is examined using two methods: averaging measurements from many ir-

radiance sensors, and using a model developed by Lave, Kleissl, and Stein

[1] called the Wavelet Variability Model (WVM). This thesis utilizes data

from a network of 45 solar irradiance sensors which was deployed north
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of Flagstaff, AZ. The results show the similarities and differences between

two irradiance smoothing methods. These two models both show that the

smoothing effect is significant for large PV power plants, which means the

power plant output has less variability and is easier to integrate into the

electricity grid than might have been expected using a single point sensor

measurement to predict variability. Both also show that, as expected, the

smoothing effect increases as power plant size increases. A comparison

of the ramp distributions between the two models shows that the WVM

predicts many fewer ramps overall when compared to averaging the irra-

diance measurements, and virtually eliminates all of the ramps under a

few seconds. Although validation against actual power plant output was

not possible at this site, the WVM’s prediction of fewer, longer ramps

would be more favorable from a grid integration perspective and so is a

promising result. In addition, the ability of the WVM to handle irradiance

smoothing differently depending on the cloud conditions of individual days

was explored and a strength of the model. Using the WVM, this thesis

proposes that a five sensor network is sufficient to model the smoothed

irradiance and that the irradiance should be measured at one second fre-

quency to accurately model the variability. These results shed light on the

spatial smoothing of irradiance, and suggest further work in comparing

actual power output to the irradiance smoothing models in order to select

an irradiance smoothing model that is most representative of actual PV

power plant output variability.
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Chapter 1

Introduction

1.1 Motivation

Electrical energy generation in the US has historically come from non-variable gen-

eration sources - largely fossil fuels, hydroelectricity, and nuclear [2]. These energy

sources are considered non-variable because output is controlled by the operator and

so can be turned on, off, or modulated as needed (subject to some physical limita-

tions, of course, but largely controllable on demand). Variable generation sources

such as wind and solar photovoltaics, in contrast, may be ramped down as needed

but their upper limit of available power is subject to the availability of the solar and

wind resources at a given time. Variable sources such as wind and solar power are

increasingly contributing to electricity generation in the US. Solar photovoltaic (PV)

and wind sources contributed an essentially negligible amount to overall electricity

generation in 1985 (17 million kWh generated out of a total of about 2,500 billion

kWh in the US), but grew to 3.7 percent of energy served in 2012 [3]. The contribu-

tion of renewable energy sources, especially solar and wind, to electricity generation

is projected to grow faster than that of fossil fuels through 2040 [4].

The stability of the electricity grid is impacted by changes in generation or load

1
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that are not anticipated by operators, such as large increases or decreases in power

provided by variable generation sources. The system must be prepared and physically

capable of responding to this variability.

This work considers the variability of solar PV. Solar PV power plants are variable

generation sources because of the entirely predictable motion of the sun through the

sky, which causes increasing power in the morning hours and decreasing in the after-

noon. In addition solar PV power plants are variable because of the less predictable,

shorter timescale effects of clouds. The less predictable component of variability is of

interest to grid operators and is the focus of this work. Cloud motion over a single

irradiance sensor can show large changes in irradiance on a second-to-second basis. If

this represented the variability of a large PV power plant, and if many of such genera-

tors existed on the grid, it would negatively affect the stability of the grid. In reality,

though, as clouds move over a PV plant, each PV module is impacted at a different

time, depending on the location of the module and cloud characteristics. This is re-

ferred to as spatial smoothing and it results in less variability of the true power plant

output than of the single point irradiance measurement. The irradiance averaged over

the area of the power plant footprint will have smaller fluctuations in irradiance than

the irradiance point sensor. Since power is approximately proportional to aggregate

irradiance [5], the power plant’s power fluctuations are expected to be proportional to

the smaller, spatially smoothed fluctuations, not the fluctuations from a single point

sensor.

Spatial smoothing is illustrated in Figure 1.1 which shows irradiance measure-

ments over the course of a day and Figure 1.2 which shows irradiance measurements

over a one hour period. In this example, referring to either Figure 1.1 or 1.2, but

2
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especially Figure 1.2, the irradiance measured at one location (top plot) is quite vari-

able. When the irradiance is measured at 25 locations within a few hundred yards of

the first sensor (middle plot), it is observed that the clouds affect each sensor at a dif-

ferent time. Finally, if these 25 sensors are averaged together, the bottom plots show

that the average irradiance would be less variable than the single sensor irradiance.

Figure 1.1: The spatial smoothing on April 12, 2013 is considered by comparing the
single irradiance sensor measurement (top plot) to measurements at 25 sensors (mid-
dle), and to a smoothed irradiance signal (bottom) which accounts for the aggregated
irradiance over the size of a PV power plant.

3
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Figure 1.2: The irradiance over one hour on April 12, 2013 shows how spatial smooth-
ing occurs over the area of a PV power plant on sub-hourly timescales.

Because solar PV generation is rapidly increasing in capacity and will soon be a

significant contributor, and due to the potentially negative impact of large fluctuations

in PV power, it is important to understand the spatial smoothing of solar PV power

plants. The ability to predict the spatial smoothing of irradiance allows for improved

planning for the integration and interconnection effects of using the variable solar

PV plants. The focus of this work is to study the spatial smoothing that occurs and

determine how to most efficiently deploy solar irradiance sensors to accurately predict

this smoothing.

4
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1.2 Project background

This work utilizes data from a network of 45 solar irradiance sensors which was

deployed as part of a wind and solar variability study for NextEra Energy Resources,

LLC. The goal of that study was to quantify the solar and wind variabilities at a

location north of Flagstaff, AZ. The solar sensors were industry standard LI-COR

type 200S irradiance sensors and measured total solar irradiance on a horizontal

surface in W/m2 . They were dispersed over an approximately one square mile grid

and collected data every one second over an 18 month period (although data is not

continuous through that time period).

1.3 Research questions

Three primary research questions are the focus of this work:

1. What is the smoothing of the irradiance profile measured from a single point ir-

radiance sensor extrapolated to the integrated irradiance over the area of a solar

PV power plant of distribution scale (1-20 MW capacity) and of transmission

scale (20-40 MW capacity)?

2. How many irradiance sensors are required to predict the smoothing of distribu-

tion scale and transmission scale power plants using wavelet-based variability

analysis? What is the ideal layout of those sensors?

3. What temporal sampling rate is required to capture the variability of distribu-

tion scale and transmission scale power plants?

5
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Chapter 2

Theory and literature review

As discussed in Section 1.1, the increase in solar PV power utilized on the electricity

grid makes it important to understand the variable nature of solar PV power. This

Chapter discusses variability, examines the grid impacts of variability, explores tools

available for spatial smoothing and variability analysis, summarizes wavelet theory,

and presents the Wavelet Variability Model.

2.1 Variability and variable generation

Variability is generally defined as “The quality, state, or degree of being variable or

changeable”. There are many metrics which are useful to quantify variability, but

no single accepted metric to universally define the the term. The simplest metric for

variability might be the standard deviation of a time series of values. A high standard

deviation indicates that the values in a dataset are “far away” from the mean value,

while a low standard deviation indicates that values tend to be “close to” the mean

value of the dataset. In this thesis, variability is used in some discussions as a general

term without referring to any specific metric, and then a few chosen variability metrics

are selected and used in the analysis (see Section 2.3).
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As discussed in Chapter 1, variable generation sources (wind, solar, etc.) are

distinguished from non-variable generation (coal, nuclear, etc.) because their power

output varies with the available wind or solar resource, instead of being controllable

by the system operator.

2.2 Grid integration and interconnection impacts of solar PV

The variability of solar PV can have an impact on the electricity grid. This impact

occurs differently at the distribution system level than at the transmission system

level.

Transmission and distribution systems

For the purposes of this work, it is important to distinguish between the transmission

system and the distribution system on the electricity grid. The largest scale of the

electricity grid is the transmission system. This system connects large generators and

large loads on high voltage lines (>110 kV). The transmission system feeds into the

distribution system which connects individual loads or groups of loads at low voltage

(<100 kV). This distribution system can also include smaller power plants including

smaller solar or wind power plants. These distribution-size plants are roughly less

than 20 MW capacity. The transmission system is balanced by matching total load

to available generation and maintaining system frequency and voltage. A primary

job of the distribution system is to maintain system voltage.

7



www.manaraa.com

Impact of variability on the transmission grid

System balance on the transmission grid is maintained by matching load with gener-

ation. On grids with variable generation, the balancing is actually between net load

and generation, where net load is defined as load minus variable generation. This is

because changes in variable generator output are seen by the remaining dispatchable

generators on the grid just the same as changes in load are seen. For example, a

ramp up in solar PV power generation impacts the system the same as a ramp down

in load requirements would.

The changes in load requirements are largely met by responding to those changes

by controlling the output of conventional generators. The control of these generators

is done on several time scales:

1. Unit-commitment and scheduling are planning for the generators that will

be online based on expectations for electricity load and generation several hours

to several days ahead of time.

2. Load following is the control of generator output based on forecasts for load

or net load several minutes to hours ahead of time. Load following ensures that

sufficiently flexible generation is on-line in order to track the net load expected

over that timescale.

3. Regulation is automated control of the generators that are already online and

responsive to fluctuations in net load on a short timescale (seconds ahead to a

few minutes ahead).

Handling all of these transmission system considerations is referred to as “ancillary

services” and determining how these services are influenced by variable generation is
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a key topic in the integration of variable generation.

Impact of PV variability on the distribution grid

When PV power plants are connected at a distribution-system level instead of at a

transmission level, fast changes in the output that would be completely absorbed into

the transmission system can impact the distribution system voltage. For this reason,

“sub-regulation” changes are sometimes parsed out of the regulation changes. Sub-

regulation changes are sub-minute changes that are handled not at the generator but

on the distribution line. The handling of these distribution-system voltage changes

is an important issue that must be handled during the interconnection of variable

generation. Voltage balancing, whether due to variable generation or due to load

fluctuations, is handled using tap changers on transformers, capacitor banks, and

voltage regulation capabilities within the PV plants themselves.

If the net load is significantly more variable after the addition of new variable

generators, the system must be prepared and physically capable of responding to

this variability. For this reason it is important to understand the variability of these

generators on all of the timescales mentioned above.

2.3 Tools for solar variability analysis

Many metrics for variability analysis exist. This sections summarizes some of the

most common metrics with a focus on those metrics that are used in this thesis.
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2.3.1 Deltas and standard deviation

The simplest tools for quantifying variability are “deltas” and standard deviation of

deltas. Deltas are simply the changes between subsequent irradiance (or power) values

in a time series. Deltas can be considered at multiple timescales by taking different

time averages of the irradiance signals and then considering the changes between

subsequent averaged points. Alternatively, deltas can be determined by sampling

datapoints less frequency, e.g. one might only use every 10th data point in a one-

second time series to simulate lower frequency data. The standard deviation of the

deltas can also be used as a variability metric [6].

2.3.2 Clearness index

The clearness index kt quantifies the clearness of the sky by the ratio of the instan-

taneous irradiance to the extraterrestrial irradiance [7]. The clearness index can also

be considered over periods of time such as over an hourly, daily, or annual period.

In this case it is the ratio of the integrated measured irradiance to the integrated

extraterrestrial irradiance over that period of time.

2.3.3 Clear sky model

A clear sky model is a model used to represent the irradiance available on the ground

at a given time and location under cloudless sky conditions. Figure 2.1 provides

an example of a modeled clear sky irradiance over one day compared to the actual

measured irradiance.
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Figure 2.1: The measured irradiance on a clear day is compared to the modeled clear
sky irradiance; the two signals are very similar.

Many clear sky models have been developed with various degrees of complexity.

Studies have compared the different clear sky models for accuracy ([8], [9]). The

general conclusion is that the choice of a clear sky model depends on the available

information (inputs) for the model. Simple models exist which require only location

and time data, while more complex models use elevation, air turbidity, atmospheric

absorption, etc. If such detailed input data is available and reliable, it can make for a

clear sky model which more closely represents actual measured clear sky conditions.

In Section 4.1.1, the selection of a model for this study is discussed in detail.

2.3.4 Clear sky index

A clear sky index is used to normalize the irradiance measurements to the clear sky

model to remove the solar position dependent portion of the irradiance from a dataset,

and focus on the stochastic cloud movement component of the signal. A clear sky
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index is simply the measured irradiance divided by the clear sky model irradiance.

A clear sky index is not only useful in separating the stochastic cloud movement

component from the deterministic solar position component of irradiance, but it also

is useful in comparing irradiance measurements from different locations or times of

the year. One downside to the clear sky index is that it tends to give very high index

values near sunrise and sunset. These values can be unrealistic because the precision

of the irradiance measurements at low irradiance is poor, so a few W/m2 difference

between measured irradiance and clear sky irradiance could indicate a clear sky index

much greater than one. In addition, the actual changes in irradiance on a percentage

basis are high near sunrise and sunset, so to some extent these high values can also

be correct.

2.3.5 Variability Index

The Variability Index (VI) is an irradiance variability metric developed by Stein,

Hansen, and Reno [10]. This metric measures the variability of the irradiance by

considering the length of the irradiance line. The ratio of relevance is the length of

the measured irradiance line (plotted in W/m2 vs time) divided by the length of the

clear sky irradiance line. The calculation is provided in Equation 2.1, where k is the

data point, n is the number of available points in a daily irradiance time series, GHI

is the global horizontal irradiance, and CSI is the clear sky irradiance.

V I =

∑n
k=2

√
(GHIk −GHIk−1)2 + ∆t2∑n

k=2

√
(CSIk − CSIk−1)2 + ∆t2

(2.1)

On a clear day, the measured irradiance should theoretically be exactly the same
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as the length of the irradiance line, so that the VI is equal to one. On a day with many

clouds passing over the irradiance sensors, the VI value will be much greater than one

because the irradiance line will be fluctuating up and down with the increases and

decreases in irradiance due to passing clouds. It is also possible to measure a VI value

of less than one on an overcast day when the irradiance may be at a constant, low

level, never increasing to the peak values predicted by the clear sky model. The ratio

value can be calculated at any timescale, down to the timescale where measurements

are available. To obtain the day’s VI value, the VI is calculated as the sum of the

measured irradiance line lengths to the sum of the clear sky model line lengths. As

with any variability metric, the metric is affected by the timescale of measurement.

If the VI is calculated based on one second data, it will be considerably higher than if

calculated based on one minute averages of the one second data or based on raw one

minute data. The authors of the VI note that this is due partially to the smoothing

out of any measurement error in the measured irradiance values, and partially due to

‘hiding’ of the real high-frequency variability that exists under one minute. VI values

range from less than one up to twenty or more, thus giving a nice range of numbers

to compare daily VI values.

2.3.6 Irradiance ramps

Grid operators and system planners are interested in the ramps that the system

must respond to in order to maintain balance of frequency and/or voltage. A ‘ramp

event’ is an increase or decrease in net load at the system level, or at the generator

level, an increase or decrease in power. In a solar PV variability study such as this

one, it is of interest to identify the irradiance ramps and provide some quantification

13



www.manaraa.com

of their size and frequency of occurrence. These irradiance ramps are then useful

in understanding the possible power ramps of a PV plant. These metrics are then

another way of looking at the variability of the resource. The specific metrics of

interest are the ramp magnitude (size in W/m2 ) of the change in the power value,

the ramp duration which is the length of time required for the change to occur, and

the ramp rate (in W
m2t

) which is the rate of change of the increase or decrease in power.

There is no single definition of a ramp event, perhaps because there are multiple

balancing authorities and independent system operators in the U.S. which operate

their systems with unique procedures and at different timescales. For this reason many

variable generation studies have used different ramp definitions. For the purpose of

this work, a ramp detection algorithm is implemented using the deadband method

which detects ramps of different durations [11], [12]. For a discussion of the algorithm

implemented, see Section 4.1. Figure 2.2 provides an example of a the ramps detected

in irradiance measured over one day.
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Figure 2.2: The irradiance ramps detected in a one-second irradiance signal on a
highly variable day are shown in red (top plot). The magnitudes of the ramps detected
are relatively small (middle), but the ramp rates of the very short duration ramps
that occur on this day are high (bottom).

Once a ramp event is defined and an algorithm is selected, the variability is com-

monly quantified by looking at the most extreme ramp rates (95th percentile, 99.7th

percentile, etc.). It is also common to look a the cumulative distribution function of

the ramp rates ([13]).
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2.3.7 Daily Aggregate Ramp Rate

van Haaren, Morjaria, and Fthenakis [13] created the Daily Aggregate Ramp Rate

(DARR) as a way to characterize the variability of irradiance per day. This metric

is the sum of all of the absolute values of irradiance changes measured at each of the

1,440 minutes (t) throughout the day. It is assumed to be based on one minute data.

The DARR calculation is:

DARRmin =
1440∑
t=1

It − It−1

C
(2.2)

Here I is the plane-of-array irradiance and C is a constant equal to 1000 W/m2 .

The authors categorize the daily variability by DARR into five different categories.

The least variable category is DARR less than than three, and the most variable is

DARR up to 33. A perfectly clear day would have a DARR of two.

2.4 Spatial smoothing of irradiance fluctuations

As discussed in Section 1.1, smoothing of the short-term variability of irradiance

over the area of a PV plant is the focus of this work. This variability occurs on the

regulation, sub-regulation and load following timescales. Cloud motion over a single

irradiance sensor can show large changes in irradiance on a second-to-second basis,

as displayed in Figure 1.2.

2.4.1 Modeling spatial smoothing

Predicting spatial smoothing of PV power plants has been an area of recent research

interest. The following is a sampling of the methods that have been used, beginning
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with the simplest:

1. Longhetto, Elisei, and Giraud [14] provided one of the earliest methods for

estimation of spatial smoothing. They proposed that smoothed irradiance can

be estimated by a moving average of the irradiance profile. The time interval

of the moving average is determined by the length of time required for a cloud

to pass over the PV plant’s area. This depends on the size of the PV plant

and the cloud speed. Stein, Ellis, and Hansen [15] used this method and found

averaging intervals typically fell in the range of two to five minutes for a variety

of plant sizes ranging 5 to 300 MW.

2. Multiple sensors can be deployed and averaged to estimate smoothing. However,

deploying many sensors is costly. Several studies have been completed which

use irradiance sensor networks or networks of PV power plants to quantify the

intra-site aggregation effects [16], [17], [18], [19]. However, only a few studies

using a dense network of irradiance sensors to capture inter-plant irradiance

smoothing exist. Kuszamaul, Ellis, Stein, and Johnson [20] used a network of 16

irradiance sensors over a 1.2 MW PV power plant in Lanai, Hawaii. The sensors

monitored irradiance at one second intervals. The results showed that although

one sensor is a poor predictor of power, the average of all 16 sensors could

be a reasonably good predictor because there was a nearly linear relationship

between average irradiance and actual power output. van Haaren, Morjaria,

and Fthenakis [13] used five sensors over a 48 MW PV power plant. They

showed that the normalized average irradiance from the five sensors was a much

better predictor of normalized power output than the normalized irradiance

from one sensor. Hoff and Perez [5] cite a network of 25 sensors over a 400 m
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by 400 m grid in Cordelia Junction, CA. They use this network to study the

relationship between site correlations, distance between sites, and irradiance

averaging intervals.

3. Marcos, Marroyo, Lorenzo, Alvira, and Izco [21] showed that the irradiance to

power conversion of a solar PV plant can be modeled as a low-pass filter. Using

a fast Fourier transform of point irradiance, this method filters out high fre-

quency (short timescale) changes in irradiance before converting the remaining

components of irradiance to power. The cutoff frequency - the frequency above

which fluctuations are removed from the smoothed output - depends on the

power plant size.

4. Hoff and Perez [5] predicted the relative output variability of a PV power plant

(variability of entire plant divided by variability of single point irradiance) using

a dispersion factor (number of time intervals for a cloud to pass over a PV power

plant).

5. Lave, Kleissl, and Stein [1] developed a wavelet variability model (WVM) which

uses a wavelet transform to quantify the smoothing effect over a PV power plant

or distributed network of small PV systems. A wavelet transform is a method

of transforming a signal into sub-signals which are fit to a chosen waveform at

different time scales (for details, see Section 2.6.1). The WVM uses a single

irradiance sensor to model the variability of a power plant using a correlation

scaling coefficient that depends on the site location and the weather conditions.

The WVM has been shown to be accurate for both distributed PV applications

and central PV plants [22]. It shows promise to meet the needs of modelers
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because of its accuracy and limited input requirements (solar irradiance and

correlation scaling coefficient).

2.5 Spatial and temporal sampling of irradiance measure-

ments

A few studies are available which discuss temporal sampling rates for irradiance used

to determine solar PV power output. Notably, the following two studies consider the

impacts of temporal sampling on a single PV module, and do not discuss temporal

sampling as it relates to spatial smoothing over the area of a large PV power plant.

1. Hansen, Stein, and Riley [23] considered the effects of time-averaged weather

data on modeled PV power and energy. They found that calculating power

using averaged weather variables overestimates power, and that the power cal-

culated from averaged weather data is less variable than that calculated from

raw weather data. In this study the lowest temporal sampling rate of measured

weather data was about three seconds, and they considered time averages of up

to one hour. The array that was modeled was a 230 W solar PV array. Their

recommendation was that in order to have an accurate estimate of the distri-

bution of power, weather measurements (i.e. irradiance) have a time interval

of five minutes or less. They also note that the appropriate sampling interval

may be different depending on the ultimate objectives of the work. Similarly,

they found that longer temporal sampling rates for input weather data result

in larger errors in total energy production estimates.

2. Riley, Cameron, Jacob, Granata, and Galbraith [24] considered the effects of the
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irradiance temporal sampling rate on the modeled PV power. They compared

the power determined from three second measured data to power determined

from data sampled at intervals from ten seconds to one hour, and also to power

determined from data sampled every three seconds and averaged over ten sec-

onds to one hour. Their findings show that error increases with increasing

interval and that error is larger when averaging over the sampling interval is

not done. They also consider the effects of variability and they find that the

most variable days have the largest error in power estimates. This analysis was

focused on power modeled for a 215 W mono crystalline silicon panel.

Literature exploring spatial sampling of irradiance for solar PV power is rare.

Kuszamaul et al. ([20], discussed above) briefly mention the need for future work

which might consider the benefits of adding more sensors (their network was 16 sen-

sors) compared to the detriments of added cost and data management. This lack of

literature discussing spatial sampling is simply because few dense irradiance networks

exist, and even fewer have been used to study spatial smoothing.

2.6 Wavelets and wavelet-based analysis

In this section wavelets and wavelet transforms are defined followed by a discussion

of wavelet-based analysis, with particular focus on the Wavelet Variability Model.

2.6.1 Wavelets and other time series analysis tools

A wavelet transform is a transformation of a signal into sub-signals, each associated

with different timescale, such that the sub-signals represent the changes in the signal
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at those different timescales. In this section the concept of a wavelet transform is

discussed and compared to the better known Fourier transform.

Wavelet Transform

It is important to first note that the use of a wavelet transform in signal processing

and time series analysis is a field of study in itself. The discussion in this section

is provided to give a general understanding of wavelets and the WVM. It is worth

noting also that the use of wavelet analysis in the WVM and the other wavelet-based

analysis tools discussed in this section may differ from (and, certainly, expand on)

the basic theory provided herein. The following explanation is based on Percival and

Walden’s textbook on wavelet methods [25].

First, a wavelet is defined. In casual terms, a wavelet is a finite in time, symmetric,

normalized waveform. Mathematically there are two basic requirements for a wavelet:

∫ ∞
−∞

Ψ(T )dT = 0 (2.3)

∫ ∞
−∞

Ψ2(T )dT = 1 (2.4)

These require, respectively, that the wavelet has an average value of zero and that

it is normalized. Therefore a wavelet can be any number of functions (Ψ) that meet

these requirements. The wavelet used in a specific analysis is chosen based on the

basic signal characteristics and the desired output of the analysis. Three examples of

wavelets are provided in Figures 2.3a to 2.4b.
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(a) Example 1 of Wavelet (b) Mexican Hat

Figure 2.3: These are two examples of wavelets.

(a) Haar (b) Top Hat

Figure 2.4: The Haar and Top Hat wavelets are two wavelets commonly used in
wavelet analysis of normalized solar irradiance signals because of their bimodal shapes.

This discussion will focus on the Haar wavelet because it and the Top Hat wavelet,

another step-function type wavelet, are typically used in solar analysis because of the

bimodal behavior of a clear sky index time series. The Haar wavelet is defined by:
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Ψ(T ) =


− 1√

2
: −1 < T ≤ 0

1√
2

: 0 < T ≤ 1

0 : else

(2.5)

Wavelets transformations tell us how much the weighted averages change from

one period to the next. In the case of the simple Haar wavelet, weighted averages are

not detected, just simple averages. To link wavelets to weighted averages, we begin

with considering how an average is calculated. The average A of a function k(T ) over

a time interval λ around time t is:

A(λ, t) =
1

λ

∫ t+λ
2

t−λ
2

k(T )dT (2.6)

And the difference D in the average from one time step before t to one time step

after t is:

D(λ, t) = A

(
λ, t+

λ

2

)
− A

(
λ, t− λ

2

)
=

1

λ

∫ t+λ

t

k(T )dT − 1

λ

∫ t−λ

t

k(T )dT (2.7)

The two integrals that make up the difference D can be written as one integral

using a step function β(T ).

β(T ) =


− 1
λ

: t− λ < T ≤ t

1
λ

: t < T < t+ λ

0 : else

(2.8)
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D(λ, t) =

∫ ∞
−∞

β(T )k(T )dT (2.9)

This function β resembles the Haar wavelet. If differs by the factor of
√

2
λ

and

instead of being centered at zero and having non zero values over the interval of

width 2, it is centered at time T and has non zero values over the interval 2
√
λ.

Therefore the integral of the product of the Haar wavelet Ψ and the function k(T )

will provide something that is proportional to the difference D, which represents the

difference in average values between two consecutive periods in time. Adding a scale

of 1√
λ

to the Haar wavelet will mean that it is still normalized and the resulting wavelet

transform for different timescales λ will have comparable magnitudes. Therefore the

Haar wavelet for any timescale (λ) is:

Ψ(T ) =


− 1√

2λ
: t− λ < T ≤ t

1√
2λ

: t < T ≤ t+ λ

0 : else

(2.10)

The integral of the product of this normalized Haar wavelet and the function is

called WH(T ) for a particular timescale. If this is executed for all possible timescales

λ, we obtain the continuous wavelet transform WH(λ, t):

WH(λ, t) =

∫ ∞
−∞

Ψ(T )k(T )dT (2.11)

The meaning of WH at any particular point is that it is proportional to the

difference between two adjacent average values of scale λ before and after time t. So,

in solar variability, if the irradiance is at first steady and then quickly spikes up for

24



www.manaraa.com

three seconds, this would not be captured in a timescale of one minute. But on a

timescale of four seconds, WH would indicate that the four second average before

that point is much different than the four second average after that point.

The discussion above considered a simple, continuous wavelet transform using the

Haar wavelet. Use of a continuous wavelet transform like this provides a great deal

of data. In using a wavelet transform for real applications, a discrete version is more

practical. The discrete wavelet transform (DWT) implements the transform on dyatic

timescales (i.e. 2j−1 seconds). The transform is then completed at timescales of 2,

4 and 8 seconds continuing up to the maximum timescale of interest for the applica-

tion. Not only is the timescale (λ) limited to these values, but also the evaluations

of the transform are not done at every timestep available. Instead, the evaluation is

completed at a representative number of samples depending on the timescale. At a

timescale of λ=2 seconds, for example, the evaluation is done every four seconds. For

a longer timescales of λ=128 seconds, the evaluation is completed every 256 seconds.

Figure 2.5 shows an example of the discrete wavelet transform of an irradiance time

series. The top plot on the figure shows the raw, normalized irradiance timesignal

(clear sky index) in black. Going down the figure, each plot shows a series of wavelet

coefficients at increasingly smaller timescales. The pink lines indicate smoothed irra-

diance which is not relevant for this discussion.
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Figure 2.5: An example of a discrete wavelet transform on a normalized irradiance
signal [1] showing the resulting wavelet coefficients at each timescale.

More commonly, the results of a wavelet transform are considered using a peri-

odogram. The terms in the periodogram (IH) are determined via:

IH(λ, t) =
1√
λ

(
WH(λ, t)

)2
(2.12)

All of the periodogram values will then be positive. An example of a periodogram
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from an irradiance transform using the Haar wavelet is shown in Figure 2.6.

Figure 2.6: An example of wavelet transform periodogram [27] for a wavelet transform
of a clearness index time series.

Comparison to Fourier Transform

A Fourier transform can also be used to analyze solar irradiance data. The two tools,

however, do not provide identical results. Both methods provide information about

persistence (timescale) of fluctuations. But the Fourier transform provides informa-

tion in the frequency domain, while the wavelet transform captures information in

the time domain. That is, the wavelet transform detects when fluctuations occur in

time. These things can also be accomplished with one of the many Fourier transform

models that exist such as a windowed Fourier transform. But the wavelet transform
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is relatively fast compared to the Fourier transform, and so, being able to accomplish

these tasks, is preferred in some applications. Other benefits of using a wavelet trans-

form for irradiance analysis is that base wavelets (such as the Haar wavelet) can be

chosen which have similar bimodal behaviours to the clear sky index.

2.6.2 Wavelet-based analysis

Wavelets have been used for solar irradiance analysis in the literature over the last

few decades. This section summarizes those applications. Discussion of the Wavelet

Variability Model is in Section 2.7.

Kawasaki, Oozeki, Otani, and Kurokawa: Frequency analysis to determine

average spectrum

This research [26] uses both a Fourier Transform and Wavelet Transform of one minute

irradiance data collected on a 4x4 km grid of 9 stations. It is proposed that use of both

transforms is optimal since the Fourier transform will provide frequency information

(fluctuation) over each day, while the wavelet will provide the magnitude of fluctuation

for specific time periods and for specific frequencies. The main focus of this work was

to model the smoothing effect.

As a measure of the fluctuations in the frequency band of most concern, they

used average spectrum which was determined as an average of the power spectrums

over 1x10-3 Hz (about 15 minutes) in a given day. This was determined through

Fourier analysis. As a measure of the magnitude of the fluctuations on the timescales

of concern, a magnitude of fluctuation [W/m2 ] was calculated based on the wavelet

analysis. The magnitude of fluctuation is calculated by determining the maximum
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spectrum from wavelet analysis and multiplying that maximum value by the time

period. For variable days, it was seen that both the magnitude of fluctuation and

the average spectrum were decreased at the average of the 9 sites compared to any

individual sensor.

Woyte, Belmans, and Nijs: Definition of fluctuation power index, charac-

teristic persistence, and fluctation energy index

This work [27] focuses on the use of localized spectral analysis via wavelet analysis

to examine fluctuations in clearness index due to cloud movement. Wavelet analysis

was based on the Haar wavelet due to its similarity to the bimodal behavior of the

clearness index. Three terms are introduced: fluctuation power index (cpf ), charac-

teristic persistence (Tj), and fluctuation energy index (cfe). Fluctuation power index

at a specific time scale (2j in wavelet analysis) quantifies the duration and severity of

power changes. Characteristic persistence at a specific time scale (2j) is the typical

length (persistence) of a cloud-induced irradiance state. At any time scale, multi-

plication of the fluctuation power index by the characteristic persistence gives the

fluctuation energy index which is useful in planning for energy storage or demand

side management techniques to compensate for the solar variability.

For solar irradiance at several sites measured at one to five second resolution, the

relationship between cpf and Tj was analyzed. A daily clearness index (k) was used

to quantify the sky conditions. This allows the cpf and Tj relationship to be looked

at by the type of sky conditions for that day and it was found that for the sites

examined, there is a characterstic relationship cpf and Tj depending on k.
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Lave, Kleissl, and Araias-Castro: Application of fluctation power index,

use of wavelet decomposition to quantify smoothing

Analysis of solar variability via ramp rate analysis as well as analysis of geographic

smoothing via wavelet analysis was done [19]. The data used for this analysis was

six solar resource stations at 1-second resolution. The site were all with 3km of each

other. The ramp rate analysis considered ramps determined from moving averages as

well as block averages. Wavelet analysis used the fluctuation power index as described

above, developed by Woyte et. al., 2007. The fluctuation power index values were

calculated at a number of timescales of interest for both a single sensor and the average

of the six sensors. The ratio of the fpi at one site to that for the average of sites

was considered a metric of variability reduction and it was found that this variability

reduction was large (about 6) for timescales under four minutes, and then decreased

to about one (no variability reduction) at timescales greater than one hour. A wavelet

decomposition using the top hat wavelet was completed at each timescale and also for

both the single sensor and the average of six sensors. This wavelet decomposition also

allowed for comparisons of variabilities at each timescale, since the wavelet transform

indicates changes in weighted averages. These results also indicated that variability

reductions were large at short timescales under one hour, and small for timescales

around an hour or more. The results were compared to the Hoff and Perez (2010)

dispersion factor model and it was found that the variability reductions found at the

short timescales using the wavelet decomposition were greater than those predicted

using the dispersion factor model. At higher timescales they were the same.
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2.7 Wavelet Variability Model

The WVM developed by Lave, et al. [1] is the chosen tool for this work because

it has been shown to accurately predict spatial smoothing and because the dataset

available in this work is particularly well suited to work with the model (having a

large network of irradiance sensors that can be used to obtain the necessary correlation

scaling coefficient). As discussed above, the WVM uses a single point irradiance sensor

and a correlation scaling coefficient to model total, smoothed irradiance over a PV

power plant or a network of distributed PV sites. In short, the model uses a wavelet

transform to parse the irradiance signal into sub-signals that represent irradiance

changes on timescales from two seconds to 4096 seconds, then uses a constant called

Variability Reduction at each timescale to smooth the sub-signal at each timescale.

Finally the smoothed sub-signals are aggregated via a reverse wavelet transform to

obtain a smoothed irradiance signal. This section describes the model in further

detail.

2.7.1 Variability reduction

The Variability Reduction (VR) is defined as the ratio of the variance of the changes

in normalized irradiance at an individual sensor to the variance of the changes in

irradiance averaged over the entire power plant footprint. VR is different depending

on the timescale of the irradiance measurements. Equation 2.13 is the basic definition

of VR:

V R =
σ2
onesite

σ2
average

(2.13)
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VR can also be written as a function of station pair correlations and number of

sites N, where station pair correlations are the correlations of the changes in irradiance

between each possible pair of stations m and n which are a distance dm,n apart, and

where irradiance is averaged on a timescale t, ρ(dm,n, t).

V R(t) =
N2

ΣN
m=1ΣN

n=1ρ (dm,n, t)
(2.14)

These two definitions are equivalent. The derivation begins with the definition of

variance.

σ2
average = V AR

(
ΣN
i=1GHI∆t

N

)
(2.15)

The variance of the sum is the sum of the covariance of all possible combinations.

V AR

(
ΣN
i=1GHI∆t

N

)
= ΣN

i=1ΣN
j=1COV

(
GHI∆t,i

N
,
GHI∆t,i

N

)
(2.16)

From definition of covariance:

ΣN
i=1ΣN

j=1COV

(
GHI∆t,i

N
,
GHI∆t,i

N

)
= ΣN

i=1ΣN
j=1

σ2
∆t,i

N

σ2
∆t,j

N
ρ∆t,i,j (2.17)

ΣN
i=1ΣN

j=1COV

(
GHI∆t,i

N
,
GHI∆t,i

N

)
=

1

N2
ΣN
i=1ΣN

j=1σ
2
∆t,iσ

2
∆t,jρ∆t,i,j (2.18)

Therefore from the first definition of VR,
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V R =
N2σ2

onesite

ΣN
m=1ΣN

n=1σ
2
i σ

2
jρi,j

(2.19)

Assuming that the standard deviations of the individual sites are the same, the

standard deviations come out of the summation and cancel and we get Equation 2.20.

The VR can range from 1 to N. These two definitions are equivalent.

V R =
N2

ΣN
m=1ΣN

n=1ρ (dm,n, t)
(2.20)

In the WVM, VR is determined using correlations between a dense network of

theoretical irradiance measurement sites within the PV power plant. The correlation

scaling coefficient is what allows measurements from the actual measurement sites to

be extrapolated to these theoretical irradiance sites.

2.7.2 Correlation scaling coefficient

In order to obtain the correlations between sites which determine the VR, the WVM

uses a correlation scaling coefficient, A [m/s], which accounts for how station pair

correlations depend on distance between stations as well as timescale of measurement.

Stations which are further apart are generally less correlated on a given day, and

similarly irradiance averaged over a long timescale such as an hour are more correlated

on a given day. This coefficient, A, depends on the cloud speed at a given site on

a given day. In order to determine A for a given day, a small network of sensors

(about five) can be used, or alternatively, cloud speed estimates can be used [22].

Since in this study the irradiance measurements from 45 stations were available, the

first method is used. The correlation between normalized changes in irradiance at
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site pairs (ρ) is related to the correlation scaling coefficient A, distance between pairs

(dm,n), and timescale of measurements (t) via the following relationship:

ρ = exp

(
−dm,n
At

)
(2.21)

The coefficient A is determined by a best fit of the measured data for a given day to

the following equation, which comes directly from the above:

ρ =

(
exp

(
−dm,n

t

))( 1
A)

(2.22)

From the known A coefficient, the correlations between stations in the network of

theoretical irradiance measurement sites is determined using equation 2.21 or 2.22.

Finally, Equation 2.20 is used to determine the VR at each timescale.

2.7.3 Wavelet Variability Model logic

After determination of the A value and VR at each timescale, a wavelet transform

is employed. The measured point irradiance is normalized using a clear sky index.

The WVM uses the “top hat” wavelet and defines a special definition for the wavelet

transform at the highest time interval so that the sum of the wavelet transforms at

all time intervals equals the original signal. The wavelet transform uses this base

wavelet (top hat) and determines the wavelet coefficients shifted and scaled at each

time scale. A series of these coefficients compose the sub-signals at each timescale

(see black lines in Figure 2.5).

Next the variability reduction at each timescale is applied to the irradiance at

each timescale by dividing the wavelet sub-signal by the square root of the variability
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reduction at that timescale according to Equation 2.13. This results in a smoothed

irradiance at each timescale (see pink lines in Figure 2.5). Finally, these smoothed

irradiance signals are aggregated via a reverse wavelet transform to obtain a smoothed

irradiance signal over the entire power plant. An example of the single point sensor

irradiance and final modeled smoothed irradiance is provided in Figure 2.7.

Figure 2.7: The WVM uses point sensor irradiance (black), an A-value, and the size
of the PV power plant to determine spatially smoothed irradiance (blue).

Sandia National Laboratories and the University of California have made avail-

able a GUI-based version of a MATLAB program which implements the WVM. The

inputs to the WVM are point irradiance, power plant location (latitude and longi-

tude of boundaries), correlation scaling coefficient, and power plant density in W/m2 .

The model outputs smoothed irradiance, variability reduction at each of 10 standard

timescales from 2-seconds to 4096 seconds, and fluctuation power index which is a

measure of the power content of fluctuations at each timescale, as well as the original

inputs. This program is used to model the smoothing for this project.
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Chapter 3

Solar irradiance dataset: data
collection and quality control

This thesis work is part of a larger wind and solar variability study with NextEra

Energy Resources. The solar dataset was collected from a network of 45 irradiance

sensors which were deployed for 18 months in a location 40 miles north of Flagstaff,

AZ. This chapter summarizes the dataset used for the project, the data collection

process, and the quality control that was implemented prior to the start of the anal-

ysis.

3.1 Description of the dataset

The 45 irradiance sensors were deployed over a one-square mile grid. Figure 3.1 shows

the sensor layout. The sensors are on a 590 ft grid in the center part of the network

and on a grid of up to 1,770 ft in the less dense outer parts of the network. Using

this network of sensors, two different size power plants are considered in this study.

A distribution scale 10 MW plant is represented by using the inner 9 stations, and a

transmission scale 30 MW plant is represented using the inner 25 stations. The plant

footprints were selected using a density of 0.125 MW PV capacity per acre (i.e. 8
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acres per MW). Figure 3.1 shows the plant footprints.

Figure 3.1: The 45 irradiance sensors used in the NextEra study were located over a
one square mile grid. Two power plant sizes within that grid were examined in detail
for this thesis.

The 45 LI-COR brand type 200S irradiance sensors measured global horizontal

irradiance. These sensors are industry standard for this type of study due to their

relatively low cost. Each sensor was mounted on a fence post along with a custom

datalogger powered by a small PV panel as shown in Figure 3.2. One second data was

collected including irradiance, time, chip temperature and raw voltage signal (from

which irradiance is calculated). A data chip was used in the datalogger to store this

one second data for up to one month.
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Figure 3.2: Each irradiance sensor used in the study was mounted on a fence post
and connected to a datalogger box, which was powered by a small PV panel.

The total data collection period was from November 2011 to May 2013. Since

the datalogger availability was subject to the availability of solar irradiance to charge

the datalogger battery as well as temperature challenges to the batteries, the final

dataset does not cover the entire period.

3.2 Summary of data collection

Data collection was completed by swapping out the data chips manually every one to

four weeks. The procedures for data collection included resetting the clock, as some

time drift was expected to occur between site visits. In order to maintain the integrity

of the one-second data time-synced data over the array of sensors, GPS watches (or
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watches that were otherwise time-synced to standard time) were used as the basis for

resetting the clocks. When the clock was reset, the amount of time drift which had

occurred between that and the previous collection period was recorded. A text file

from the removed chip was saved to a master folder of datafiles on campus.

3.3 Summary of quality control

A data quality control process was completed by a team of NAU graduate students

and researchers at the end of the data collection period (May 2013). A short summary

of each of the tasks completed is provided here:

1. The first task was to compile the over 1,000 individual text files into one mas-

ter database useable in MATLAB. This task included some high level quality

control which screened out bad datafiles and empty datafiles.

2. A time sync check and repair was completed for each imported text file. This

included both time sync repairs based on the time sync records completed by

the staff while completing onsite data collection as well as time sync repairs

based on errors in timestamp detected by using the exact known sunrise and

sunset times for this location and time of year.

3. After decommissioning the sensor network, the calibration of the sensors was

checked in a test on campus and the sensors were found to be within their

expected measurement tolerance compared to a newly calibrated sensor.

4. A correction to the irradiance was made to account for the tilt of some of the

fence posts (and therefore irradiance sensors). The tilted stations were detected
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by comparing irradiance on a clear day to that predicted by a clear sky model.

5. Random, short (1-30 second) holes in the dataset due to intermittent datalogger

operation were filled. One second holes were filled simply using an average of the

recorded irradiance for the data points before and after the missing datapoint.

Holes from 2-30 seconds long were filled using a Markov chain based technique

which relies on the irradiance measured at the 4 nearest stations.

6. The data was checked for random, short (up to 30 second) drops in irradiance

that were also thought to be due to intermittent datalogger operation. Where

these dips in irradiance were determined to be likely due to data logger problems

(not actual cloud movement), they were corrected using the Markov chain based

technique.

This process improved the quality of the dataset by eliminating known problems

while maintaining the integrity of the measured data.

40



www.manaraa.com

Chapter 4

Analysis and results

This chapter summarizes the variability metrics which were chosen, describes exactly

how the Wavelet Variability Model was setup and implemented, and presents results

to answer the three basic research questions.

4.1 Implementation of selected variability metrics

Of the many available metrics and measures used for studying solar variability, this

study used VI analysis, irradiance ramps, regulation ramps, and sub-regulation ramps.

The VI metric requires a clear sky irradiance time series. This section summarizes

the specific methods used to implement a clear sky model, calculate VI, identify

regulation and sub-regulation signals, and detect ramps of all three types.

4.1.1 Clear sky model

The purpose of this task was to select a clear sky model, calibrate it to this dataset,

and create a time series of clear sky irradiance that covers the entire data period. The

clear sky model is used not only for the VI calculations but also for the calculation

of the A-value used in the WVM.
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Selection of model and goals of calibration

For this work, the methods of Reno, Hansen, and Stein [8] are closely followed. That

report compares the accuracy of nine different clear sky models in predicting clear sky

conditions using irradiance measured at 30 sites. The root mean square error (RMSE)

and mean bias error (MBE) were used to measure the accuracy of the models. The

models’ accuracies were examined for different times of year, times of day, locations,

elevations, and zenith angles. The results of the work show that a model called the

Ineichen model achieves an overall RMSE and MBE of 0.05. This is the best overall

result other than one model which requires a great deal of atmospheric measurements.

The remaining models had RMSEs of just over 0.05 to up to 0.18. When looking

at the model error dependence on site elevation, the Ineichen model showed little

dependence on site elevation; i.e. the model performed about the same no matter

what elevation the site was at.

The purpose of this work was to calibrate one of the models to represent the

clear sky conditions at the site adequately, but do so in a limited amount of time so

that analysis efforts could be focused on the solar variability and spatial smoothing.

Although both the Ineichen model and the well-known Bird model showed similar

accuracy in comparison to measured clear sky days during the initial screening, the

Ineichen model was selected due to the simplicity of the model’s inputs and the

model’s ability to account well for elevation.

Clear day selection

A set of six clear days were chosen to calibrate the model to. The days were selected to

represent different times of the year. Out of the 551 days in the dataset, the available
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days were first reduced by filtering out those that did not have at least 50% of the

stations individually achieving 50% uptime during the day. Although not necessary

for the clear sky model, using a day with good uptime was desirable as the clear days

selected for this process were expected to be used in other portions of the variability

analysis which use multiple stations. Next, the remaining days were categorized

by variability using the variability metric Natural Variability of Irradiance (NVI)

[12]. Using this screen in combination with visual screening of the days irradiance

profile (some days had a higher daily NVI average but actually appeared very clear),

the six days were selected. Because of the difference in measured irradiance within

the 45 stations due to calibration and station tilt angle, it was best to choose one

representative station with which to calibrate the model. In order to determine which

station was representative of the measured irradiance, the stations were ranked by

the irradiance measured at solar noon. The median eleven stations were screened

to find one station on each day that did not show any strong tilt characteristics

(measurement stations that became un-level during the 18 months of use could be

detected via an asymetric diurnal shape of the measured irradiance) and that had the

most clear profile (no small clouds or other drops in irradiance). For all but two dates,

the selected station was one of the eleven median irradiance stations. In the two cases

where none of the eleven median stations were usable, another station was selected.

Table 4.1 shows the clear days selected and station number which was selected for

model calibration.

43



www.manaraa.com

Table 4.1: Six clear days from the dataset were selected for calibration of the clear sky
model. On each of the six days, one station was selected to use for model calibration.

Clear Sky Date Representative Station Selected
3/2/12 28
6/5/12 29
7/18/12 32
10/14/12 10
11/24/12 23
1/20/13 22

Ineichen model

The Ineichen model [28] inputs are time, location, elevation, and Linke Turbidity.

The Linke Turbidity (TL) is the only adjustable input, so its meaning is discussed

here.

TL is a measurement of the atmosphere’s turbidity on a cloudless day. To under-

stand TL one must understand optical thickness and air mass. Optical thickness is a

measurement of the fraction of irradiance that is not scattered or absorbed on a path.

It is a function of the clear sky beam normal radiation (Bnc)) and the solar constant

radiation (Io). The clear sky beam normal radiation is the radiation directly from the

sun’s rays on a clear day, not accounting for that scattered through the atmosphere

and off of the ground (both of which compose diffuse radiation). The solar constant

is the radiation incident from the sun at the outside of the earth’s atmosphere, which

is approximately 1,367 W/m2 . The optical thickness (δ) is:

δ = − ln
Bnc

Io
(4.1)

The optical thickness of a clear, dry atmosphere is δcda , and that of a cloudless
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atmosphere is δclear.

Air mass (AM) is the ratio of the optical path length (distance through which

sunlight travels) to the optical path length when the sun is at its zenith. Many

formulations for AM exist as the AM increases towards infinity at high zenith angles

as the sun approaches the horizon. AM depends on zenith angle and must be corrected

for lower pressure air at elevation.

TL is the number of clean and dry atmospheres that would produce the same

transparency as the actual atmosphere does with the real effects of aerosols and water

vapor that are in the atmosphere at a given time. It is related to optical thickness

by:

δclear = δcda × TL× AM (4.2)

The unique aspect of the Ineichen model is that the authors created a new for-

mulation for TL which is more stable throughout the day than prior models.

Model calibration

Prior to model calibration against measured irradiance, some goals for calibration

were set in order to account for the inherent error in the LI-COR measured irradiance,

which is generally up to 5% [29]. During the calibration completed for this project, the

sensors and datalogger assembly’s irradiance measurements were found to be ± 2%

from a reference pyranometer at high irradiance, which is equivalent to an error of ±

20 W/m2 at 1000 W/m2 incoming irradiance. Therefore it was expected that the clear

sky model could only be calibrated up to this level of precision. A 40 W/m2 difference

could be expected between a clear sky model and measured irradiance. The goal

for calibration of the clear sky model was to achieve 0.05 Root Mean Square Error
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(RMSE) and Mean Square Error (RME) because these were the best results achieved

by Reno et al [8].

To implement the Ineichen model, TL can be either measured from direct beam

irradiance measurements or it can be estimated using a database of values which

were made determined by Remund, et al. [30]. The uncalibrated model was first

done using the database values. Figure 4.1 shows those values as well as values for

other southwest locations for comparison. This shows the importance of the source

of the TL value; TL values vary by a factor of two for different locations.

Figure 4.1: Linke Turbidity coefficients vary by time of year and location.

The first attempt to calibrate the model was focused on adjusting the database

TL value. Measurements of direct beam irradiance, which were available from an

RSR-2 type sensor at the project site, can be used to calculate TL values. However

attempts to adjust the TL value did not improve the model’s calibration and so were

abandoned. Since the uncalibrated Ineichen model matched well with irradiance

measured with a Kippen-Zonen thermopile type sensor at the site, and the Kippen-
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Zonen measurements were regularly 5% higher than the LI-COR measurements at

this site, it was determined that a scale factor might be appropriate to calibrate the

model. This scaling method is mentioned by Reno et al. as one step that may be

necessary in order to calibrate a clear sky model to a specific measurement device,

taking into account possible calibration issues within that device. Scaling factors of

2.5%, 5%, and 10% were tested and the results were compared. As expected, the

5% scale factor brought the modeled irradiance closest to the measured values. The

average of the one-second RMSE and MBE were calculated over each of the six days.

In order to determine how the average error changed as the time of day approached

sunrise or sunset, the average error was calculated first including the entire 24 hour

period, and then including only ten minutes before and after solar noon (labeled

“solar noon” in figures), or including a certain window around solar noon (2, 3, 4, or

5 hours).

(a) RMSE (b) MBE

Figure 4.2: The error terms (RMSE and MBE) show that the clear sky model pre-
dicted well the irradiances measured on six clear sky days and for different times of
the day.
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Figure 4.2a shows that although the overall RMSE is more than 0.05, this is due

mostly to the overnight and early morning/late afternoon hours. When the window

is shortened to only consider a 10 hour day or less, the RMSE is always less than

0.05. It is notable that on 11/24/12 and 1/20/13, the number of daylight hours was

almost exactly 10 (9.87 and 9.95, respectively). This means that for these two days,

the 10 hour window considered essentially every hour of daylight and the overall

RMSE was still less than 0.05. On the other hand, the 3/2/12, 6/5/12, 7/18/12, and

10/14/12 dates have daylight hours from 11 to 14 hours, so the ten hour window did

not consider 30 minutes to two hours immediately before sunset and after sunrise.

Figure 4.2b shows the MBE results. Again, the overall MBE is sometimes outside of

the +/- 0.05 goal, but when smaller windows of the day around noon are considered,

the overall MBE is always within the goal. It is interesting to note that the MBE is

generally largest in magnitude at solar noon (blue), and decreases as the window is

opened from 2 hours around solar noon to 5 hours around solar noon.

Figure 4.3a shows an example of a well-fit day, while Figure 4.3b shows one of the

least well-fit days. Note that the selected station in Figure 4.3a for 3/2/12 may be

slightly tilted to the east, exhibiting higher morning irradiance and lower afternoon

irradiance. Otherwise, the peak and shape of the curve are well fit.
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(a) 03/02/12 (b) 10/14/12

Figure 4.3: The final clear sky model generally fit the measured irradiance well,
although some times of the year (i.e. March) were better fit than others (October).

Figure 4.4 shows the difference in solar noon irradiance over the 10 minute window

before and after solar noon between the measured value and the clear sky model. The

maximum irradiance error is just over 40 W/m2 .

Figure 4.4: The difference between the final modeled clear sky irradiance and mea-
sured irradiance was within 45 W/m2 at solar noon on all six of the clear days tested.
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The Ineichen clear sky model selected was calibrated to meet the specified criteria.

The Ineichen model uses the standard Linke Turbidity values (from the database) and

is calibrated by derating the irradiance by 5%. The result is that the model is within

about 40 W/m2 of the reference irradiance for each of the six selected clear days in

the dataset and the daily average Root Mean Square Error and Mean Bias Error is

always less than 0.05 when considering the 10 hour period around solar noon. Further

improvements could be made to this calibration by considering a combination of TL

and scaling; i.e. the TL values could be adjusted seasonally and then a scaling factor

could be applied. This might further improve the model as the model’s fit to measured

data does appear to depend on time of year.

4.1.2 VI calculation

The Variability Index (VI) as introduced in Section 2.3.5 can be calculated at any

timescale desired between time resolution of the measured data (one second in this

case) up to one day. The VI chosen for use in this study is the daily VI value

calculated from one-minute averages of irradiance measurements and calculated clear

sky values. This timescale was chosen to reflect the variability on a relatively short

one-minute timescale. Figures 4.5a and 4.5b shows the irradiance on two days with

extreme irradiance values (from very low to very high in terms of one-minute VI)

A VI of one indicates a clear day, while a VI of 23 indicates a highly variable day.

Figures 4.6a and 4.6b show two days with medium variability. (These two days will

be examined in more detail in this project because they have similar variabilities but

significantly different spatial smoothing effects.)

50



www.manaraa.com

(a) April 14: VI=1 (b) April 16: VI=23

Figure 4.5: April 14 and April 16, 2013, represent two days which with variability on
the extremes: April 14th has a VI of 1, April 16th has a VI of 23.

(a) April 13: VI=11 (b) April 12: VI=13

Figure 4.6: April 13 and April 12, 2013 represent two days which with medium
variabilities, having a one-minute VI of 11 to 13.

4.1.3 Regulation and sub-regulation signal detection

The concepts of regulation and sub-regulation signals were discussed in Section 2.2.

While these definitions of regulation and sub-regulation are generally accepted, there

51



www.manaraa.com

is no industry standard way to separate regulation and sub-regulation from power

signals. The algorithms used here are those implemented by Willy [12] and Flood et

al., [11]. First, the changes in power output that would be handled by load-following

are estimated by ten-minute block averages of the power output. Then, any changes

that must be handled on the regulation timescale are estimated by subtracting the

one-minute block averages from the linear trend between the ten-minute averages. Fi-

nally, any changes that must be handled on a sub-regulation timescale are estimated

by subtracting the one-second data from the linear trend between the one-minute av-

erages. This is illustrated in Figure 4.7. Using this method, the regulation timesignal

has one-minute resolution and the sub-regulation timescale has one-second resolution.

Figure 4.7: An algorithm was used to detect regulation and sub-regulation signals
[12]
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4.1.4 Ramp detection

As discussed in Section 2.3.6, no single definition of irradiance (or power) ramps

exists. Here the deadband algorithm is selected to detect ramps per Willy [12]. The

sensitivity of the algorithm is set by choosing a deadband size, which will determine

the size of the event that is considered a ramp. The selection of this algorithm and

the sensitivity level chosen essentially define what will be considered a ramp in this

study; anything detected by the calibrated algorithm is considered a ramp. This

ramp definition is therefore affected by the subjective judgment by the user, so it is

acknowledged that the ramp results provided in this work are completely dependent

on the ramp definition chosen. This section serves to document the ramp definition.

The deadband ramp detection method defines a ramp to be a set of irradiance

data points where a linear estimation of the irradiance between the first and last

datapoint is within the deadband value of every data point between the first and last

points. Figure 4.8 shows the first point “Turning point” and the last point “New

turning point” of a ramp. The vertical red bars indicate the deadband above and

below each point. The line connecting the first point and “New Point” does not fall

within the deadband value of all of the points in between, so this line is not a ramp

event and the new point will be the start of a new ramp. Therefore the deadband

value (in W/m2 ) sets the sensitivity of the algorithm. If the deadband value is small,

the ramps will be short (several seconds long) events, while if the deadband value is

large, the ramps could include longer events.
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Figure 4.8: The deadband ramp detection algorithm uses a deadband around each
irradiance measurement to determine when a ramp starts and ends [12]

An algorithm was implemented in MATLAB to detect the ramps. This algorithm

was created by Willy and is documented in [12]. In order to select the desired sen-

sitivity, the algorithm was run on several test days with different deadband values.

Figure 4.9 shows three different deadband values tested on a variable irradiance day

in June 2012. The 5 W/m2 deadband value (top), when implemented over one week

around this date, detected 22,296 ramps. The 25 W/m2 deadband value detected

5,931 ramps, and the 100 W/m2 value detected 1,026 ramps over one week. In order

to determine which sensitivity level was desired for this work, the ramps detected were

visually inspected over shorter periods of time. Figure 4.10 shows a fifteen minute

period on the same day. The 25 W/m2 deadband (middle) was preferred over the

100 W/m2 deadband (bottom) because it follows the irradiance changes at a short

timescale well where the 100 W/m2 deadband only captures changes that are more

than a few minutes long. Compared to the 5 W/m2 deadband, the 25 W/m2 deadband

picks out the significant ups and downs on a 0-5 minute timescale without considering

every new point the start of a new ramp. Other deadband values were also tested and

other example days were considered. The 25 W/m2 deadband value was chosen for

irradiance ramps because it will provide ramp information on timescales of interest

for this study.
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Figure 4.9: A comparison of selected deadband values for 06-25-12 shows that the 15
W/m2 deadband was overly sensitive to changes in irradiance while the 100 /deadband
‘missed’ small ramps.
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Figure 4.10: A comparison of selected deadband values over 15 minutes for 06-25-12
shows that the 25 W/m2 deadband detected the ramps which were of interest in this
study.

In addition to calibrating the irradiance ramp detection algorithm, the regula-

tion and sub-regulation ramp detection algorithms also had to be separately cali-

brated. The regulation ramps were detected using a 17.5 W/m2 deadband and the

sub-regulation ramps were detected using a 2.5 W/m2 deadband.
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4.2 Implementation of the Wavelet Variability Model

The Wavelet Variability Model was implemented using the GUI-based MATLAB

program discussed in Section 2.7.3. The model’s inputs are single-station solar irra-

diance, daily A-value, location of PV power plant, and size of PV power plant. This

section summarizes the selection of four representative time periods for the analysis

and describes how the A-values were calculated for the representative periods.

4.2.1 Selection of representative periods

Four periods were selected which represent the variety of variability conditions which

can occur throughout the year at this location. In order to select representative

periods, the daily VI was calculated over an entire year as shown in Figure 4.11. By

examining the 365 day trend, rough cutoffs were selected for VI categories; the lowest

daily VI values seen were between 1-2 and the highest daily VI values seen were over

15 (a few days were over 20). In between these cutoffs, variability categories were

chosen to cover daily VI values of between 5 and 10, and between 10 and 15. Four

one-week periods were selected that had a weekly average of VI that corresponded

to these categories. Within any period there are single days that may be more or

less variable than the period is on average, but the period as a whole represents real

conditions would be seen in a week at this site.
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Figure 4.11: The daily VI values were examined over one year to select four repre-
sentative VI categories.

The Very Low VI category (grey in Figure 4.11) was a clear period during the

summer. The Low VI category (green) was a fall period with an average daily one-

minute VI value over the seven days of 8.17. The Medium VI category (blue) was a

spring period, and the High VI category (magenta) is a monsoon-like period. Because

these highly variable monsoon periods also meant limited solar irradiance for the

charging of the stations in the field, this seven-day period was composed of two

separate three and four-day periods in order to choose days that had high variability

and also had good data availability. Table 4.2 summarizes the VI values and dates of
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the selected periods.

Table 4.2: Four seven-day periods were chosen to represent the range of variability
conditions that typically occur at the project site.

Category Mean Daily VI (1-minute VI) Dates
Very Low 1.19 6/3/12 - 6/9/12

Low 8.17 9/21/12-9/27/12
Medium 11.8 4/11/13-4/17/13

High 15.4 6/25/12-6/28/12 and 7/19/12-7/21/12

4.2.2 Calculation of correlation scaling coefficient

An important input to the WVM model is the correlation scaling coefficient. For

every day of interest (all of the dates in the four selected VI categories), the available

data was used to determine an A value for each date. As discussed in Section 2.7, A

is a scaling coefficient in the relationship between the correlation of clear sky index

changes at two sites, distance between the sites, and timescale. The relationship is:

ρ =

(
exp

(
−dm,n

t

))( 1
A)

(4.3)

Figure 4.12 shows an example of how the correlation scaling coefficient is deter-

mined. For all of the available irradiance sensors on this date, the clear sky index

change time series for multiple time scales were first calculated. Next, the correla-

tions between station pairs for every timescale was determined. Finally, an A-value

is determined which gives the best fit to the relationship in Equation 4.3. For the

example in Figure 4.12 the A-value was determined to be 7.1. Lines for A=20 (a

more highly correlated day) and A=4 (a less correlated day) are also shown.
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Figure 4.12: The A Value was determined by fitting a line to data from the 45 sensor
network.

The correlation scaling coefficients for each date are provided in Table 4.3 along

with the associated VI values. It is important to differentiate between the meaning

of VI and A. The VI value indicates the variability of the irradiance and the A value

indicates the strength of correlation of irradiance changes as a function of distance

and time. Therefore, there is no direct relationship between A values and VI values.

The only significant trend is that days with low VI (clear days) tend to have low

A values. Days with medium to high VI could have very low A value (uncorrelated

sites), or a very high A value (correlated sites). It is not at first obvious that clear days

have low A values. Intuitively, clear days would mean that stations would all be well

correlated; all seeing the same smooth irradiance profile over the day. However, the

low A value is calculated because when there are essentially no changes in short term
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irradiance, any small changes which come about due to measurement resolution are

‘seen’ as significant changes and show that the stations are not correlated. However,

it is of no importance in application because when an A value of any magnitude,

low or high, is applied to a clear day’s irradiance, any ‘smoothing’ of the irradiance

only makes a clear day’s irradiance even more clear or smooth. Essentially there is

no change that is of interest in studying solar PV power when running a clear day’s

irradiance through the Wavelet Variability Model.
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Table 4.3: Correlation scaling coefficient and daily VI for selected dates

Date A value VI Category Average of 1-Minute Variability Index (VI)
3-Jun-12 0.3 Very Low 1.2
4-Jun-12 2.1 Very Low 1.3
5-Jun-12 5.3 Very Low 1.1
6-Jun-12 0.9 Very Low 1.0
7-Jun-12 1.4 Very Low 1.7
8-Jun-12 0.8 Very Low 1.0
9-Jun-12 4.6 Very Low 1.1
21-Sep-12 0.9 Low 4.1
22-Sep-12 7.1 Low 12.9
23-Sep-12 11.5 Low 8.6
24-Sep-12 9.6 Low 19.1
25-Sep-12 7.0 Low 4.6
26-Sep-12 1.2 Low 4.0
27-Sep-12 1.8 Low 3.9
11-Apr-13 10.9 Medium 10.0
12-Apr-13 3.3 Medium 12.7
13-Apr-13 20.0 Medium 11.4
14-Apr-13 0.3 Medium 1.2
15-Apr-13 1.7 Medium 1.2
16-Apr-13 4.4 Medium 23.1
17-Apr-13 7.0 Medium 23.1
25-Jun-12 4.7 High 22.2
26-Jun-12 5.0 High 21.9
27-Jun-12 8.9 High 19.4
28-Jun-12 3.8 High 21.2
19-Jul-12 5.4 High 13.2
20-Jul-12 5.4 High 1.9
21-Jul-12 9.2 High 8.0

Figure 4.13 and Figure 4.14 illustrate the difference between highly variable, un-

correlated days, and highly variable, correlated days. In this example, both dates

appear to have similar variability, and both have similar 1-minute VI values. How-

ever, the A-value on November 1st is low, while the A-value on April 10th is high.

In Figure 4.14, when a closer view of the irradiance from 1PM to 2PM is taken, it is
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clear that the irradiance changes on April 10th occur at about the same time over all

of the sensors in the field. However, on November 16th, the irradiance changes are

more random; one station does not necessarily see the same change as another. This

means that although these dates have relatively similar point irradiance variability,

the power output over the PV plant on November 16th would have a much smoother

profile, because the irradiance changes are seen at different times by different sen-

sors, resulting in an overall more smooth average irradiance profile. Both conditions

do occur and the WVM is especially adept at representing them both through the

A-value.
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Figure 4.13: Two days with similar variability (VI approximately 10) can have dif-
ferent A values.
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Figure 4.14: The irradiance over one hour on two days with similar variabilities shows
that a day with a high A value (bottom) has stations that are well-correlated, while
a day with a low A value (top) has stations which are not well correlated.

4.3 Results

This section summarizes the results of the analysis which are used to answer the three

primary research questions for this thesis.
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4.3.1 Spatial smoothing: Modeling smoothed irradiance for

representative periods

The first research question of interest in this work was: What is the spatial smoothing

of irradiance that occurs over a distribution scale PV power plant and a transmis-

sion scale power plant? This section provides the variability analysis to answer this

question. The variabilities of irradiance determined from a single point sensor, the

WVM, and an aggregate irradiance from the network of sensors are compared for

both a distribution scale and transmission scale power plant.

The WVM was applied for the four week-long periods selected representing the

four different VI categories. For each of these periods the WVM was applied twice;

once to model the smoothing over a 10 MW plant, and once to model the smoothing

over a 30 MW plant. Similarly, the averaged “aggregate” irradiance is applied for

each of the four weeks, once for the 10 MW plant and once for the 30 MW plant. The

aggregated irradiance was determined from a simple average of the sensor irradiance.

For a 10 MW plant, this was a simple average of the 1-second data from the nine

inner stations. For the 30 MW plant, this was a simple average from the 25 inner

stations. These sensor layouts are shown in Figure 3.1. Note that although there

were times when not every station was available, the days selected for this analysis

were chosen to maximize uptime so that a majority of the stations were available for

the analysis. The single station (unsmoothed) irradiance was also considered for each

time period. There are a total of 20 different week-long irradiance datasets.

Then, to analyze the variabilities for all 20 of the different datasets, the raw

irradiance, the irradiance ramps, regulation time series, sub-regulation time series,

regulation ramps, and sub-regulation ramps were compared. Table 4.4 summarizes
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all of the different analysis that were completed.

Table 4.4: 20 irradiance results were anlyzed for each of the four VI periods and 5
smoothing methods.

Very Low VI Low VI Medium VI High VI
Single station irradiance

10 MW Aggregate
10 MW WVM

30 MW Aggregate
30 MW WVM

Irradiance results

The irradiance results are provided here for two example days in the Medium VI

period during April 2013. April 12th has a VI of 12.7, and an A-value of 3.3. The

raw irradiance is compared to smoothed irradiance modeled by the aggregate in Figure

4.15a. Figure 4.16a shows one hour of this day in more detail. The raw irradiance is

compared to WVM smoothed irradiance in Figures 4.15b and 4.16b. Whether using

the aggregate model or WVM model, the 30 MW power plant appears more smooth

than the 10 MW plant due to plant size. Using the WVM model, however, appears to

provide more smoothing than the aggregate model because the WVM irradiance signal

does not exhibit the rapid fluctuations in irradiance that the aggregate irradiance

signal does. This ‘appearance’ of smoother irradiance will be confirmed by using the

VI and ramp analysis to quantify variability in the next sections.

Another example day is considered on April 13, which has similar variability to

April 12 (VI=11.4 for the 13th). This day has much less smoothing based on the

A value (A=20 compared to 3.3 for April 12). Figures 4.17a through 4.18b can be

compared directly to Figures 4.15a through 4.16b to see that the smoothing is much
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(a) Aggregate model (b) WVM

Figure 4.15: Smoothed irradiance using WVM and aggregate model for April 12, 2013
(VI=12.7, A=3.3) appears similar over the course of a day.

(a) Aggregate model (b) WVM

Figure 4.16: Smoothed irradiance over one hour using WVM and aggregate model
for April 12, 2013, is very different on a sub-hour timescale between the aggregate
model and WVM.

less significant on April 13th than on April 12th. The smoothed irradiance from the

aggregate model and WVM model appear similar, and both are similar to the single

station irradiance, at least when considering the irradiance over a one hour period.
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(a) Aggregate model (b) WVM

Figure 4.17: Smoothed irradiance using WVM and aggregate model for April 13, 2013
(VI=11.4, A=20.0) appears the similar regardless of the model used or the size of the
power plant.

(a) Aggregate model (b) WVM

Figure 4.18: Smoothed irradiance over one hour using WVM and aggregate model
for April 13, 2013 appears to be the same regardless of the model used or the size of
the power plant on a sub-hourly timescale because the day has a high A value (20.0).

Variability Index results

The VI results are examined for the four periods for the two irradiance smoothing

models and compared to the single station irradiance VI. Figure 4.5 shows how the
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average of the seven day’s daily one minute VI changed for each smoothing method.

The period averaged VI is smoothed more (has lower VI) for the 30 MW plant size

than for the 10 MW plant size, and the WVM predicts lower VI than the aggregate

model. Figure 4.6 shows the VI results for each of the 28 days listed in this case

in order of daily single station VI instead of VI category. This figure shows how

smoothing changes the VI value. For days with very low VI (about 1), the smoothing

that occurs is not important because the smoothed VI values are still approximately

1. However, for days with higher VI values, the smoothed VIs are always decreased

by some amount compared to the single station VI value. One notable exception

in both figures is that for very low periods, the aggregate model sometimes predicts

more variability than the single point sensor (anti-smoothing). This is examined and

explained in Section 4.3.1.

Table 4.5: A comparison of the average of daily VI values by variability period and
smoothing method shows that the two models give similar smoothed VI results over
the course of a week.

The amount of smoothing which occurs depends on the size of the plant and the

daily weather conditions as represented by the A-value. Figure 4.19 shows the percent

decrease in VI from a single sensor irradiance to smoothed irradiance vs the A-value.
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Table 4.6: A comparison of the daily VI values, ordered by variability, show that the
aggregate model and WVM have slightly different smoothed VI results.

This figure does not include days with very low VI (about 1) since the smoothing

that occurs on those days is not significant. As expected, with increasing A-values,

the smoothing that occurs is decreased. Also, the smoothing that occurs is more for

a 30 MW plant than for a 10 MW plant.

Note, the VI values shown in this section are higher than the daily VI values

used for classification of the days because, for consistency across models, this analysis

considers only the specific daylight hours that the WVM model uses. The WVM
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Figure 4.19: The decrease in VI between single sensor irradiance and WVM smoothed
irradiance is up to 60% for days with low A values, but only about 10 to 20 % for
days with high A values.

model omits less than an hour before sunset and after sunrise.

Irradiance ramp results

The irradiance ramps detected with the deadband algorithm are analyzed by looking

at the ramp distribution in terms of magnitude and duration. In this section, heat

maps (see Figure 4.20) are used to show what the distribution of ramps is in magnitude

and duration over one week periods. In addition to this distribution of ramps, it is

interesting to note the total number of ramps detected. The number of ramps detected

in any irradiance time series is indicated on the heatmaps by ‘N’. Finally, the extreme

values of the ramps are of interest and are also examined in this section by considering
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97.5/2.5th percentiles of ramp magnitudes by ramp duration bins, corresponding the

ramp magnitudes that fall within two standard deviations of the mean for normally

distributed ramp durations.

The distribution of irradiance ramps detected varied significantly from single sta-

tion irradiance to aggregated irradiance to WVM smoothed irradiance. Figure 4.20

shows the irradiance ramps detected during the High VI and the Medium VI periods

using a single station, the aggregate model and the WVM. The aggregate models

show that, as expected, the distribution of irradiance ramps changes, having fewer,

short (less than five second) ramps in the case where the irradiance is smoothed using

a 10 MW aggregate or 30 MW aggregate model. In addition the number of ramps

(N) detected during the seven day period decreases. Figure 4.20 shows a different

distribution of ramps when the irradiance is instead smoothed using the WVM. The

irradiance ramps less than five seconds in duration are not only fewer, they are es-

sentially eliminated. The number of ramps detected is significantly fewer (3,037 for

WVM 30 MW model versus 5,931 for 30MW aggregate model). The ramp distribution

predicted by the WVM are ‘spread out’ such that ramps are no longer concentrated as

they are in aggregate model, but are spread over a larger range of ramp magnitudes.
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Figure 4.21 shows the ramp distributions for the low VI period and very low

period. The Low VI period exhibits the same trends as the medium and high VI

periods. However the ramp distributions for the very low VI period provide different

results. The aggregation smoothing curiously shows more ramps for the 10 MW

power plant and 30 MW power plant than for the single station. This was examined

in more detail and it was found that the additional ramps are due to single stations

seeing a short drop in irradiance during a clear period. These effects are seen more

often when more than one station is used. The WVM model only uses one station

as a direct irradiance input, so the effects are not seen in the model. Although it

is possible that a single station could see a drop in irradiance due to a very small

cloud which is only measured at one station, some examination of the data showed

that it was often due to intermittent data logger operation. Figure 4.22 shows what

this intermittent datalogger operation looks like. The bottom plot in the figure shows

that the aggregated irradiance shows very small ramps due to this effect. Although

these ramps are not consequential because their magnitude is small and they are

infrequent, it is important to understand why they appear in the aggregate model.

This is contrasted with the effects of actual cloud movement on a clear day, shown in

Figure 4.23. In this case a cloud clearly passes over the sensors. However the number

ramps detected are actually reduced due to smoothing, not increased as was seen in

the heat maps of ramp distributions for the very low period. The increase in ramps

in the aggregated models over the single point sensor model is a case for the WVM

model because the WVM model is not subject to these singularities.
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Figure 4.22: Intermittent data logger operation can cause an ‘anti-smoothing’ effect
in the aggregate model. During a period with clear skies, intermittent datalogger
operation at just one sensor (middle plot) can result in small ramps in the aggregate
irradiance (bottom) which did not appear in the single sensor irradiance.
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Figure 4.23: A ramp in irradiance due to true cloud motion is observed as a small
cloud passes over the sensor network during a relatively clear period. The large drops
in irradiance observed at one sensor (top plot) are smoothed out over 25 sensors (mid-
dle plot) and the aggregate model provides single smoothed irradiance measurement
(bottom).

The WVM’s predication of a ‘spread out’ distribution which includes some larger

magnitude ramps is also evident when considering the most extreme ramp events.

Figure 4.24a shows the extreme (97.5th/2.5th percentile) ramps for the single station

and the aggregate models. These aggregate models predict extreme ramps for ramp

durations of up to ten seconds of about 50 W/m2 for the 30 MW aggregated model.

Figure 4.24b shows that the WVM, in contrast, predicts no ramps ramps at all below
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four seconds, but predicts extreme ramp values of up to 200 W/m2 for the 30 MW

models. In summary, the WVM eliminates ramps of under a few seconds and predicts

fewer, but larger ramps of longer durations. Notably the duration transition from no

ramps at all to higher ramps is about five seconds in this case, but will be a higher

or lower duration depending on the size of the power plant as well as the correlation

scaling coefficient A.

(a) Aggregate (b) WVM

Figure 4.24: A comparison of 97.5/2.5th percentile extreme ramp magnitudes by
duration between the aggregate model and WVM shows that the extreme ramp mag-
nitudes of the WVM can be larger than those predicted by the aggregate model at
some durations. However, the WVM eliminates ramps of under about four seconds
during this High VI period.

Complete ramp distribution statistics are provided in the Appendix for all of these

periods and smoothing models.

Regulation and sub-regulation ramp results

The ramp detection algorithm, calibrated separately for the irradiance, regulation,

and sub-regulation time series, is implemented on the regulation and sub-regulation
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time series. First, examination of the smoothing effects in the ramps in the regulation

timescale are considered. Figures 4.25 shows that the number of regulation ramps

detected and their distribution in duration and magnitude are quite similar regard-

less of the plant size or smoothing method. This indicates that for plants of the sizes

considered here, and using the deadband ramp algorithm with a deadband of 17.5

W/m2 , most of the smoothing takes place at time scales of less than one minute.

However when comparing the ramp distributions in the sub-regulation signals also

shown in Figure 4.25, the results follow the pattern detected in the irradiance ramp

distributions: the WVM tends to reduce (although here, as opposed to in the irradi-

ance time series, not eliminate) the short duration ramps, and shows fewer, but larger

magnitude ramps of the longer durations.
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Figures 4.26a and 4.26b show the extreme (97.5/2.5th percentile) magnitudes of

the sub-regulation ramps by ramp duration. As with the extreme irradiance ramps,

this shows that the WVM smoothed irradiance has extreme ramps which are larger

in magnitude. It is important to note, again, that the number of ramps overall is less,

so although the extreme percentile magnitudes are larger with the WVM, there are

fewer ramps.

(a) Aggregate model (b) WVM

Figure 4.26: Comparison of 97.5/2.5th percentile extreme sub-regulation ramp mag-
nitudes between the aggregate and WVM show similar trends to that of the irradiance
ramps during this High VI period.

4.3.2 Spatial Sampling: Effect of number and orientation of

sensors

The second question of interest in this study was: What is the best spatial sampling

method to adequately represent the variability of a PV power plant?

The number of sensors and their locations needed depends on the method which is

used for spatial smoothing. The key to the representation of variability in the WVM is
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the correlation scaling coefficient (A-value). In order to determine how many stations

and their locations were needed to determine this A value, the A value was calculated

for a range of different station configurations. The A value which is calculated using

all available stations in the study (45 sensors) is considered the correct value, and

the A value calculated with other configurations are compared to this correct value.

After testing multiple configurations on several representative days, the number of

sensors recommended is five. The days tested were chosen so that a range of A-values

and Variability Indexes were tested. The sensors should be located in a X pattern as

shown in Figure 4.27. The north-south or east-west distance between adjacent corner

sensors should be approximately 700 meters (for example from station 5 to 25 and 25

to 21 in the grid shown in Figure 4.27). Note, in this case station 6 is chosen instead

of station 1 because this sensor tended to have less data quality issues than sensor 1.

Figure 4.27: A sensor network consisting of five sensors in an X pattern with sensors
about 700 meters apart on the diagonals is found to estimate the A-value well.

Table 4.7 shows the A-value calculated with all stations (‘correct’) and the A-

value calculated with the five stations (‘Approximate’). For reference the VI is also

included.
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Table 4.7: The A Value which was calculated with all 45 sensors (assumed to be the
‘correct’ value) is compared to the A value calculated with the five sensor network.

Correct A value Approximate A
value

VI

9/22/2012 7.14 7.03 12.1
9/7/2012 2.10 2.13 5.8
4/10/2012 26.2 21.9 11.2
11/1/2012 16.2 16.9 3.1
6/27/2012 8.88 10.4 21.6
11/16/2012 5.74 6.45 10.8
4/25/2013 6.71 6.34 10.7
9/24/2012 9.62 8.87 17.5
10/12/2012 6.5 7.6 13.0

For most conditions, the A value calculated with the five stations in the X con-

figuration matched well with the correct A-value. There are three days where the

X configuration gave a noticeably different A value (highlighted in the table above).

To examine this in further detail we considered the June 27th date. This date had

conditions which made it the most difficult to approximate the A value, and so was

considered the limiting case. For this date, in order to get the A-value within 0.5 of

the correct value, one needs essentially all of the stations (more than 40). This is a

significant cost increase over just five sensors. So, it is proposed that if the approxi-

mate A value which can be obtained with the X configuration produces results that

closely replicate the variability of the day, then the approximate A value (10.4 instead

of the correct value of 8.88 in this case) is sufficient. In order to determine if the ap-

proximated A values are sufficient, both April 10th and October 12th were tested.

Both of these days had an A-value that was more than one off of the correct A value,

and these two days represent high A values (April 10th) and low A values (October

12th). The incorrect A value was used in the WVM to determine the smoothing, and
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then compared the VI of the smoothed irradiance with the correct A value to the VI

of the smoothed irradiance with the incorrect A value. In both cases, the 30 MW

plant size was tested because more smoothing occurs in the 30 MW plant than the 10

MW plant. The results are provided in Table 4.8. Since the VI values are very close

when using the correct A-value or the approximate A-value, the approximate A value

which was found using five sensors in an X configuration is sufficient to represent the

variability (per 1 minute VI) in any conditions.

Table 4.8: The WVM was run with both the correct A value and the approximate
value to determine how much an incorrect A value would change the final VI results.
In the two cases tested the difference in VI was less than 5 %.

Correct
A value

Approx. A
value

VI from
Correct A
value

VI from
Approx. A
value

% Difference
in VI

4/10/2012 26.2 21.9 10.1 9.9 1.9
10/12/2012 6.5 7.6 8.6 9.0 4.7

Based on the testing that was done to determine the five sensor layout, the A value

calculated using a subset of sensors corresponding to any other plant size within the

footprint of this network would be the same as the A value calculated with 45 sensors

or five sensors. Therefore the five sensor recommendation is applicable to plant sizes

up to about 65MW because this is the plant size encompassed by the entire grid of

stations (508 acres at 8 acre per 1 MW capacity). For plant sizes beyond this, it

is expected that the A value would continue to be useful since the WVM uses the

A value in Equation 4.3 which is a function of distance between hypothetical sensor

locations over the entire power plant. As long as the cloud characteristics are not

changing rapidly over the plant area, the A value determined from five sensors is

expected to be applicable to any plant size. Testing with a larger network of sensors
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could confirm this.

4.3.3 Temporal sampling: Variability reductions as an indi-

cator of required temporal sampling

The final question of interest in this study was: What is the temporal sampling

rate needed to accurately represent the irradiance variability of a solar PV power

plant? The time step of irradiance measurements in this study was 1-second. This

is atypical; a more common sampling rate is one minute (although sub-sampling

under one minute is common). To limit data collection and instrumentation costs

while adequately representing the short term variability of irradiance, it is desired to

determine what the maximum allowable sampling rate is.

One way to consider the timescale effects of smoothing is by looking at the Vari-

ability Reduction (VR) by timescale for a given date. The WVM calculates a VR at

each timescale for each day. The VR is calculated from the correlation of irradiance

changes at each timescale, which in turn depend on the A value for a given condition.

For example, a large VR at two seconds indicates that the changes in irradiance on

a timescale of two seconds are greatly smoothed over the plant area. However, a

small VR at two seconds indicates that the changes in irradiance are not significantly

smoothed over the area. The magnitude of the VR values at each timescale for the

most extreme variability days with the least smoothing (largest A value) and most

smoothing (smallest A value) were considered here.

As for spatial sampling, the dates of April 10th, 2012, and October 12th, 2012 are

considered. Figure 4.28a shows the VR values which are output from the WVM. The

VR values are much smaller for the highly correlated day, April 10th. Figure 4.28b
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provides more detail for the short timescales of interest.

(a) VR (b) VR detail view

Figure 4.28: A comparison of the Variability Reduction for two days with different
A-values shows that although the two-second changes are greatly reduced (high VR)
for a day with a low A-values, for a day with a high A-value, the two-second changes
are not greatly reduced (low VR).

The VR value at two seconds for April 10th is small compared to the values for

October 12th (the magnitude is 480, not shown). The VR’s impact on the smoothed

irradiance is that the wavelet subsignal at the each timescale is divided by the square

root of the VR at that timescale. Thus for the October 12th day, this has an impact

of reducing the two second subsignal by over 95% (virtually eliminating its impact)

but for the April 10th day the two second subsignal is reduced by about 80%. At

four seconds the reduction is less (65%).

Although these VR values indicate significant reductions in the short timescale

changes, they are not completely wiped out. Since these short timescales are impor-

tant for system planning (particularly on a sub-regulation level at the distribution

system), it is recommended that the 1-second irradiance sampling is maintained.

It is worth noting that the 1-second timescale is important for the single sensor
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that will be used as the direct input to the WVM. However, if a sensor network is

used to determine the A value, the time resolution could be relaxed. Since the A value

determined from the network of sensors is based off of a best fit line to a relationship

that includes the term exp

(
−dm,n

t

)
, as long as there are a number of different distances

and timescales included in the dataset to fit the model to, it is likely not necessary

to have a temporal sampling of one second on the sensor network.
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Chapter 5

Conclusion

This thesis used the Wavelet Variability Model to predict the spatial smoothing of

irradiance over the area of large-scale PV power plants. The irradiance dataset em-

ployed was from a dense network of irradiance sensors measuring irradiance at one-

second resolution over 18 months. The work completed with the aim of predicting

spatial smoothing included a review of solar variability and spatial smoothing litera-

ture, selection of relevant metrics and analysis methods, quality control of the dataset,

and, finally, implementation of variability analysis and the WVM, which ultimately

allowed for analysis of the spatial smoothing.

The results of the work provide answers to the three basic research questions

posed related to spatial smoothing. Those questions and the pertinent results and

conclusions are:
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What is the smoothing of the irradiance profile from a single point irra-

diance measurement to the integrated irradiance over the area of a solar

PV power plant of distribution scale and of transmission scale?

• The WVM uses the correlation scaling coefficient (A), which is proportional to

cloud speed, to model the smoothing of irradiance over the power plant. The

magnitude of the A value indicates the extent of the smoothing. For the 28

days examined in detail in this study, it was found that for clear days (daily

one-minute VI approximately one), the smoothing over the area of the plant

for either a transmission scale or distribution scale plant is negligible due to

the negligible variations in the irradiance on a clear day. However for more

variable days, the A value dictates the smoothing extent. Using the percent

decrease in daily one-minute VI as a measure of the smoothing, it was found that

for low A values (less correlated stations/lower cloud speeds), the smoothing

results in an up to to 60% decrease in VI. For days with higher A values (more

correlated stations), the smoothing would only result in a 10 to 20% decrease

in VI. Although this result is not surprising, it is important to understand the

effect that A value has if the model is adopted for solar variability studies which

cover longer periods of time. It is key to understand that high variability days,

which are of most concern to system planners, could be characterized by either

high A values (little smoothing will occur) or low A values (smoothing will be

significant), or anything in between.

• For a distribution scale power plant (10MW was the selected size) the WVM

model decreased the average daily VI over the highly variable period from 25.2
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to 20.2. The irradiance ramps detected over this period decreased from 11,324

ramps with a single point sensor to 3,924 ramps. It was significant that the

very short duration ramps were eliminated with the WVM model. Specifically,

for this high VI period, while the single point sensor irradiance had many one

second ramps, the 10MW WVM simulation had no ramps shorter than three

seconds. The mean ramp duration was 26 seconds for a single sensor and 75

seconds for the 10MW WVM model. This is consistent with a ‘smoothing’ or

‘spreading out’ of ramps due to cloud movement over sensors - the shortest

ramps are not observed but instead are incorporated into longer ramps. Thus

when comparing the magnitudes of the longer ramps, the magnitudes are larger

with the WVM simulation. For example it was found that the magnitudes

of the 95th percentile ramp magnitudes for durations from 10-20 seconds long

were slightly more with the WVM model than the single point sensor. The reg-

ulation ramps detected were similar between the single point sensor irradiance

and the WVM model, suggesting that if the regulation timescale is of interest

for a particular application, it would not be necessary to implement the WVM

to predict the regulation effects. The sub-regulation ramp distributions were

smoothed in a manner similar to the irradiance ramps except for that the very

shortest duration ramps were not eliminated. In either the point irradiance

or 10MW WVM sub-regulation timeseries, the algorithm did detect one sec-

ond ramps. These smoothing effects mean the power plant output would have

less variability and would be easier to integrate into the electricity grid than

might have been expected using a single point sensor measurement to predict

variability.
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• For a transmission scale power plant (30MW was the selected size here) the

WVM model decreased the average daily VI over the highly variable period

from 25.2 to 17.8. The irradiance ramps detected over this period decreased

from 11,324 ramps with a single point sensor to 3,037 ramps. Again the very

short duration ramps were eliminated with the WVM model. For the 30 MW

plant, for this high VI period, while the single point sensor irradiance detected

many 1-second ramps, the 30MW WVM simulation had no ramps shorter than

four seconds. The mean ramp duration was 26 seconds for a single sensor and

96 seconds for the 30 MW WVM model. The ramp distributions of the 30 MW

WVW model were generally consistent with the 10 MW model but showing more

smoothing as expected over the larger area. Again, these smoothing effects are

positive from the perspective of grid integration of solar PV.

• The WVM results were compared to an aggregate model which used an average

of the irradiance measured at either nine sensors in the network (for 10MW

plant size) or 25 sensors (for 30MW plant size). The two models predicted

smoothing differently, with the WVM in general predicting more smoothing

(lower smoothed VI values, fewer ramp events). While the WVM model greatly

reduced the ramps under about five seconds in duration, the aggregate model

detected 1-5 second ramp events. The aggregate model was also found to be

more prone to sensor or datalogger malfunction, which caused an anti-smoothing

effect during very clear summer periods. While this is not extremely troubling

because the variability during these clear days is extremely small no matter

how it is modeled, it does point out some benefits of the WVM. Although

validation against actual power plant output was not possible at this site, the
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WVM’s prediction of fewer, longer ramps would be more favorable from a grid

integration perspective and so is a promising result.

How many irradiance sensors are required to predict the smoothing of

distribution-scale and transmission-scale power plants using wavelet-based

variability analysis? What is the ideal layout of those sensors?

The WVM predicts smoothed irradiance using single point sensor irradiance, and

A value, and the power plant location and footprint. Since the A value is the only

relevant model input that depends on the number of sensors, various sub-sets of the 45

sensors available were tested to determine how many sensors and in what configuration

would minimize the data collection cost while maintaining the modeled irradiance

variability. A network of five sensors in an ‘X’ configuration was found to adequately

predict the A value such that the WVM modeled irradiance would maintain the

correct variability as measured by 1-minute daily VI. The five sensors should be

placed with a distance of approximately 700 meters from adjacent corners. This

configuration is usable for plant sizes up to about 65 MW, and may be useable beyond

that scale as well, although the data used for this work cannot validate this extension.

Although the focus of this study was on using the dense network of irradiance sensors

to implement the WVM and predict smoothing, in reality it has been shown that the

A value can be determined from cloud speed measurements instead of a sensor network

[22], thus eliminating the need for anything but a single point sensor measurement,

assuming cloud speeds are available.
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What temporal sampling rate is required to capture the variability of

distribution scale and transmission scale power plants?

The WVM algorithm uses a variability reduction (VR) value, which is a function

of plant size and timescale, to implement the smoothing at each timescale. A high

VR value at a certain timescale would indicate that the irradiance changes at that

timescale are smoothed out over the area of the power plant. Since the WVM cal-

culates and outputs VR at each of the diatic timescales used in the model, these

outputs were used to determine temporal sampling requirements. Two different days

with different irradiance characteristics were examined. Although the VR is great-

est at the short timescales, the VR values are not large enough to indicate that the

short timescales can be ignored all together. A one second irradiance measurement

is therefore recommended to use the WVM to model spatial smoothing. However,

it is expected that only one sensor need record 1-second data, while the sensor net-

work used to determine the A value (if a network exists) could use higher sampling

intervals.

Next questions

During the course of completing this work, several related questions came to light

that would be valuable in the study of spatial smoothing for large solar PV power

plants.

• This unique sensor network could be used to validate cloud speeds estimates

made from numerical weather prediction models. The network could be used to

determine A values (as was done for this study) and then those A values could

be related to cloud speed per Lave and Kleissl [22].
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• A longer period of analysis could be used to examine how the A value changes

throughout the year in this location. This would allow more generalizations to

be made about the spatial smoothing at this location, instead of just examining

the four representative variability categories.

• The spatial sampling question could be approached from an optimization point

of view, wherein the configuration and number of sensors could be adjusted

to optimize model accuracy and data collection cost in a methodological way.

Moreover, a geostatistical modeling technique called kriging, which was also

used as part of the larger NextEra project, could be used to provide granularity

to the irradiance measurements. This could improve the optimization because

the sensor locations would not be limited to the exact 45 locations which were

available in this study.

• The WVM and variability analysis techniques used here could be validated by

repeating the analysis at locations which have existing power plants. This would

allow for comparisons between the WVM smoothed irradiance and the actual

power plant output. Since the variability of the actual power output is what is

important, these validations would be of interest. (In fact, this has already been

done by Lave and Kleissl [31], but independent validations would be valuable).

• Variability measured at this site was limited to the one-second time resolution

of the data. The analysis could be completed for sub-second data to determine

if any variability effects at these timescales are important and if to what extent

spatial smoothing occurs at these timescales.
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Appendix A

Figure A.1: The irradiance over the seven day Very Low VI period shows that the
sky was almost completely clear.
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Figure A.2: The irradiance during the Low VI period (September) shows that the
period included conditions from clear to variable.
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Figure A.3: The irradiance during the Medium VI period shows that the period
included five variable days and two clear days.
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Figure A.4: The irradiance during the High VI period included no clear days and
several very high variability days during the monsoon season.

Table A.1: Irradiance ramp statistics for the Very Low VI Period show few ramps
detected regardless of the smoothing method used.
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Table A.2: Irradiance ramp statistics for the Low VI Period show the WVM predicts
fewer, longer ramps than the aggregate model.

Table A.3: Irradiance ramp statistics for the Medium VI Period show the WVM
predicts fewer, longer ramps than the aggregate model.

Table A.4: Irradiance ramp statistics for the High VI Period show the WVM predicts
fewer, longer ramps than the aggregate model.
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